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Single-shot real-time video recording of a photonic
Mach cone induced by a scattered light pulse
Jinyang Liang,* Cheng Ma,*† Liren Zhu,* Yujia Chen, Liang Gao,‡ Lihong V. Wang§

Ultrafast video recording of spatiotemporal light distribution in a scattering medium has a significant impact in
biomedicine. Although many simulation tools have been implemented to model light propagation in scattering
media, existing experimental instruments still lack sufficient imaging speed to record transient light-scattering
events in real time. We report single-shot ultrafast video recording of a light-induced photonic Mach cone propa-
gating in an engineered scattering plate assembly. This dynamic light-scattering event was captured in a single
camera exposure by lossless-encoding compressed ultrafast photography at 100 billion frames per second. Our
experimental results are in excellent agreement with theoretical predictions by time-resolved Monte Carlo
simulation. This technology holds great promise for next-generation biomedical imaging instrumentation.
INTRODUCTION
Imaging scattering dynamics can broadly aid biomedicine. For exam-
ple, time-dependent acoustic speckles convey useful physiological
information, such as blood flow velocity (1) and tissue elasticity (2),
and time-reversal scattering theory has contributed to the develop-
ment of microwave imaging instruments (3, 4). Studies in light scatter-
ing have also been increasingly featured in recent progress in biomedicine
(5). First, light scattering has been leveraged to develop novel biomedical
optical instruments (6–8). For instance, techniques to spatiotemporally
invert light scattering have provided the means to focus light into deep
tissue for high-resolution imaging and control (9, 10). In addition,
analysis of temporal fluctuation in the scattered light signal reveals
many optical properties of biological tissues (5, 11). This characterization
has enabled a diverse range of applications, such as assessments of
food and pharmaceutical products (12) and studies of protein aggrega-
tion diseases (13, 14).

Light-scattering dynamics have been extensively investigated from
both theoretical and experimental perspectives. Among many
simulation paradigms (15–17), the Monte Carlo method offers a rig-
orous and flexible approach (18) and is often regarded as the gold
standard for modeling light transport in a scattering medium (19).
The Monte Carlo simulation is equivalent to modeling photon
transport analytically by solving the radiative transfer equation (20).
As a statistical approach, a typical Monte Carlo simulation provides
an ensemble-averaged result of light propagation [that is, it ignores
coherent effects (21)] and requires launching a large number of
photons to ensure the desired accuracy (22). The Monte Carlo method
is capable of simulating light propagation sequences with a short (for
example, subnanosecond) time interval. This time-resolved Monte
Carlo simulation has been widely used to model time-dependent light
distribution, dynamic optical properties, and frequency domain light
transportation in scattering media (23, 24).

On the other hand, experimental visualization of light propagation
in scattering media in real time (defined as the actual time during
which an event occurs) has been a long-standing challenge (25).
Freezing light’s motion in a tabletop scene requires a picosecond-level
exposure time per frame (that is, 1 billion frames per second) (26).
Despite continuous improvements in state-of-the-art electronic sen-
sors, current complementary metal-oxide semiconductor and
charge-coupled device (CCD) technologies are incapable of reaching
this speed (27) because they are fundamentally impeded by their on-
chip storage capacity and electronic readout speeds (28). Nevertheless,
various optical gating mechanisms, such as ultrashort pulse interfer-
ence (29) and the Kerr electro-optic effect (30), were able to achieve
picosecond exposure times. However, each gated measurement could
capture only one image with two spatial dimensions at a specific time
point, and temporal scanning (that is, repeated measurements with a
varied delay between the pump and probe) is required to resolve de-
tails of the scattering event in its full duration (31, 32). Light-scattering
events can also be measured by a streak camera—an ultrafast imager
that converts light’s temporal profiles to spatial profiles by pulling
photoelectrons with a sweep voltage along the axis perpendicular to
both the device’s entrance slit and the optical axis (33–35). Capable
of recording a time coursewith picosecond temporal resolution, the streak
camera removes the need for optical gating–aided temporal scanning in
ultrafast measurements. The pioneering studies by Alfano introduced the
streak camera for light-scattering measurements (36, 37). Later seminal
studies in this direction have led to many breakthroughs, including
the observation of ballistic and diffusive components in the scattered
light (38–42), the imaging of hidden objects behind scattering walls or
around corners (43–45), and themeasurement of the fluorescence lifetime
of dye molecules in turbid media (46–49). However, the conventional
operation of the streak camera sacrifices the imaging dimension—the
narrow entrance slit (10 to 50 mmwide) confines the imaging field of view
to a line. To achieve two-dimensional (2D) ultrafast imaging, this mode
requires scanning the orthogonal spatial dimension and synthesizing the
movie from a large number of measurements (45). In general, existing
multiple-shot ultrafast imaging technologies based on temporal or spatial
scanning do not have real-time imaging capability. They require the
scattering events to be precisely repeatable,which is inherently challenging
for events in dynamic scattering media, such as soft biological tissues
and flowing blood.

Here, we present single-shot, real-time video recording of spatio-
temporal light patterns in a scattering medium to overcome these
limitations. Of particular interest is the long-sought-after transient
phenomenon—photonic Mach cones (50, 51). Although their propagation
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has been previously observed using pump-probe methods (52, 53), a
single-shot, real-time observation of traveling photonic Mach cones
has not yet been achieved. To tackle this challenge, we generated a
photonic Mach cone by scattering a picosecond laser pulse that travels
superluminally relative to the surrounding medium. We modeled the
evolution of this transient scattering phenomenon using a time-
resolved Monte Carlo simulation. A newly developed lossless-encoding
compressed ultrafast photography (LLE-CUP) system, whose more ef-
ficient hardware design and reconstruction paradigm surpass the
performance of previous CUP systems (54–56), macroscopically imaged
light-scattering dynamics at 100 billion frames per second with a single
camera exposure. The recorded instantaneous scattering pattern—
the photonic Mach cone—is in excellent agreement with theoretical
predictions.
RESULTS
Modeling light-scattering dynamics in a thin scattering
plate assembly
We assembled materials of different refractive indices and scattering
coefficients (Fig. 1). Specifically, a “source tunnel” with a refractive
index of ns scatters a collimated laser beam into two “display panels”
with a refractive index of nd. A short laser pulse propagates in the
source tunnel. The elastic scattering events in the source tunnel emit
secondary wavelets of the same wavelength as the incident laser pulse.
These wavelets form a wavefront in the display panels by superposi-
tion. When ns < nd, light propagates faster in the source tunnel than in
the display panels. Under this circumstance, the scattering events gen-
erate secondary sources of light that advance superluminally to the
light propagating in the display panels. At a certain time point, the
instantaneous scattering light distribution has a Mach cone structure.
The cone boundary is delineated by the common tangents of the
secondary wavelets, where the wavelets overlap most to produce the
greatest intensity. The semivertex angle of the photonic Mach cone,
which is denoted by q in Fig. 1, is determined by

q ¼ sin�1 ns
nd

� �
ð1Þ
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Because the scatterers in the source tunnel are randomly distribut-
ed within the cylindrical volume illuminated by the laser beam whose
diameter is much greater than the optical wavelength, the scattered
light forms a laser speckle pattern in the display panels (57), with
speckle grains of a few micrometers in size. For macroscopic observa-
tion, because each effective pixel of the detector at the object plane
usually has a size on the order of millimeters, the observed photonic
Mach cone is an intensity pattern averaged over many speckle grains.
The net effect is equivalent to averaging over many speckle realiza-
tions, as if the sources were spatially incoherent (57). Our theory is
based on ensemble-averaged wavelet intensity addition due to the
above spatial averaging effect. To obtain the analytical formula de-
scribing the intensity distribution of the cone, we first derive the im-
pulse response from a spatiotemporal Dirac delta excitation, traveling
at a superluminal speed cs in the +x direction (fig. S1)

J r; tð Þ ¼ cs
cd

2q

ðq2 þ r2Þ ffiffiffiffi
Y

p ð2Þ

Here, cd denotes the speed of light in the display panels (cd < cs), t
denotes time, r ¼ xx̂ þ yŷ þ zẑ denotes position in a Cartesian
coordinate system, q ¼ cst − x, r ¼ ffiffiffiffiffiffiffiffiffiffiffiffiffiffi

y2 þ z2
p

, Y ¼ q2 � B2
0r

2, and
B0 ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiðc2s � c2dÞ=c2d
p

(detailed in section S1). For a spatiotemporally
arbitrarily shaped pulse, the spatiotemporal distribution of light in-
tensity of the resultant cone can be found using a three-dimensional
(3D) convolution

Iðr; tÞºJðr; tÞ⊗UðrÞ ð3Þ

where U(r) denotes the 3D snapshot intensity distribution of the
excitation pulse and “⊗” represents convolution in 3D (detailed in
section S1). Extending the concept of the Mach number from fluid
dynamics, we define the photonic Mach number as

Mp ¼ cs=cd ð4Þ
Fig. 1. Schematic of the thin scattering plate assembly. The instantaneous light-
scattering pattern represents a photonic Mach cone when ns < nd. q, semivertex an-
gle of the photonic Mach cone; DP, display panel; ST, source tunnel; nd, refractive
index of the display panel medium; ns, refractive index of the source tunnel medium.
Fig. 2. Time-resolved Monte Carlo simulations of instantaneous scattering light
intensity distributions on a thin scattering sheet under superluminal and sub-
luminal conditions. For both cases, the excitation light pulses are spatiotemporally
Gaussian and propagate along the +x direction. (A) Contour plot of the light intensity
distribution when a laser beam propagates superluminally in the medium with a
photonic Mach number of 1.4. (B) Same as (A), but showing a laser beam propagating
subluminally in the medium with a photonic Mach number of 0.8. The temporal pro-
cesses of both transient events (A and B) are shown in movies S1 and S2.
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As an example, the light intensity distribution corresponding to a
superluminal impulse excitation at Mp = 1.4 was calculated according
to Eq. 2. The central x-y cross section of the cone is shown in fig. S2A.
The cone edge is defined by setting Y = 0, where the intensity
approaches infinity (58). For a spatiotemporal Gaussian pulse excita-
tion, the intensity distribution of the photonic Mach cone computed
by Eq. 3 is shown in fig. S2B.

We also numerically evaluated the photonic Mach cone using the
time-resolved Monte Carlo method. Both superluminal (Mp = 1.4)
and subluminal (Mp = 0.8) light propagations were simulated (detailed
in section S1). Briefly, an infinitely narrow source beam propagated
through a thin scattering sheet with a speed of cs along the +x direction.
During the propagation, 105 scattering events were randomly triggered
with a uniform probability distribution. Each scattering event emitted
an outgoing secondary wavelet, which contributed to the total light in-
tensity distribution. Then, the resultant light intensity distribution was
convolved with a normalized spatiotemporal Gaussian function repre-
senting the finiteness of the laser pulse. Figure 2 shows contour plots of
the scattered light intensity distributions on the sheet. Under superlu-
minal conditions (Fig. 2A), the contours depict a nearly triangular region
dragged behind the excitation pulse, representing a photonic Mach
cone. However, under subluminal conditions (Fig. 2B), no such cone
is formed. The expanding secondary wavelets always bound the exci-
tation pulse, preventing the formation of a photonic Mach cone.

Implementing LLE-CUP
We developed LLE-CUP to capture 2D light-speed scattering dynamic
scenes in real time with a single exposure. As a computational imaging
approach, LLE-CUP operates in two steps: data acquisition and image
reconstruction (both further described in Materials and Methods). In
Liang et al. Sci. Adv. 2017;3 : e1601814 20 January 2017
data acquisition, LLE-CUP acquires three different views of the dy-
namic scene (detailed in section S2 and figs. S3 and S4). One view,
akin to a view in traditional photography, records a direct image of
the scene temporally integrated over the exposure time. In contrast,
the other two views record the temporal information of the dynamic
scene by using a compressed sensing paradigm (54, 55, 59). The image
reconstruction in LLE-CUP recovers the dynamic scene from the
three-view data by exploiting the spatiotemporal sparsity of the event,
which holds in most, if not all, experimental conditions. A compressed
sensing reconstruction algorithm, developed from the two-step
iterative shrinkage/thresholding (TwIST) algorithm (60), is currently
used (detailed in section S3).

The LLE-CUP system is shown schematically in Fig. 3 (with an
animated illustration in movie S3 and further description in Materials
and Methods). The dynamic scene is first imaged by a camera lens. A
beam splitter equally divides the incident light into two components.
The reflected component is imaged by an external CCD camera to
form the time-unsheared view. The transmitted component passes
through a 4f imaging system, consisting of a tube lens, a mirror,
and a stereoscope objective, to a digital micromirror device (DMD).
To spatially encode the scene, a pseudorandom binary pattern is
displayed on the DMD. Each encoding pixel is turned to either
+12° (on) or −12° (off) from the DMD’s surface normal and reflects
the incident light in one of the two directions. Both reflected light
beams, masked with complementary patterns, are collected by
the same stereoscope objective. The collected beams are sent through
tube lenses, folded by a planar mirror, and again folded by a right-
angle prism mirror (see the upper right inset in Fig. 3) to form two
images in separate horizontal areas on the entrance port of a streak
camera. Unconventionally, this entrance port is fully opened (~5 mm
Fig. 3. Schematic of LLE-CUP. Lower left inset: Illustration of complementary spatial encoding for two time-sheared views. The on pixels are depicted in red for View 1 and
depicted in crimson for View 2. The off pixels are depicted in black for both views. The combined mask shows that the two spatial encodings are complementary. Upper right
inset: Close-up of the configuration before the streak camera’s entrance port (dashed black box). Light beams in both views are folded by a planar mirror and a right-angle
prism mirror before entering the fully opened entrance port of the streak camera.
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width) to capture 2D spatial information. Inside the streak camera, a
sweep voltage shears the encoded light distribution along the y′ axis
according to the time of arrival. Therefore, these temporally sheared
frames land at different spatial positions along the y′ axis and are tem-
porally integrated, pixel by pixel, by an internal CCD camera in the
streak camera, forming two time-sheared views.

LLE-CUP’s unique paradigm of data acquisition and image recon-
struction brings several prominent advantages. First, facilitated by the
streak camera, the LLE-CUP system can image a nonrepetitive dy-
namic scene at 100 billion frames per second with a single-snapshot
measurement, circumventing the necessity of repetitive measurements
by the pump-probe technique (26, 45, 52, 53). Second, LLE-CUP does
not need the specialized active illumination required by other single-
shot ultrafast imagers (61–63), enabling passive imaging of dynamic
light-scattering scenes. Third, compared with other streak camera–
based single-shot ultrafast imaging methods (64, 65), the LLE-CUP
system has a light throughput of nominally 100% (excluding imperfect
losses from the optical elements).

In previously reported CUP systems (54, 55), only the on pixels of
the DMD were used in the spatial encoding operation. As a result,
information that landed on the off pixels of the DMD was lost, com-
promising reconstruction quality. In addition, the time-integrated
CCD image was simply overlaid with the reconstructed datacube as
a postprocessing step (55), without adding new information to assist
in image reconstruction. In contrast, LLE-CUP harvests light reflected
from both on and off pixels of the DMD to form two complementary
time-sheared views. This design prevents any loss of information from
spatial encoding, which is advantageous for compressed sensing–based
Liang et al. Sci. Adv. 2017;3 : e1601814 20 January 2017
reconstruction. In addition, the time-unsheared view recorded by the
external CCD camera enriches the observation by adding another per-
spective, which is used with the two time-sheared views in the new
reconstruction paradigm to yield a much improved image quality
(as further explained in Materials and Methods and illustrated in
fig. S5). Thus, the dual complementary masking, the triple-view re-
cording of the scene, and the three-view joint reconstruction are three
major enhancements of LLE-CUP over the previous CUP systems.

Single-shot real-time video recording of light-scattering
dynamics in a scattering plate assembly
To video-record light-scattering dynamics, we built a thin scattering
plate assembly containing a central source tunnel sandwiched between
two display panels, as described above. The preparation of this
plate assembly is described in detail in section S4 and fig. S6. Air
mixed with dry ice fog scatterers was the medium for the source
tunnel (ns = 1.0), and silicone rubber (nd = 1.4) mixed with scattering
aluminum oxide powder was the medium for the display panels. A col-
limated visible laser pulse (wavelength, 532 nm; pulse duration, 7 ps;
pulse energy, 4 mJ) propagated through the source tunnel. The scattering
in the plate assembly extracted photons for the LLE-CUP system to
image this dynamic scene. No averaging or gating over multiple laser
pulses was required.

Figure 4A shows a time-integrated image of this dynamic event
acquired by a conventional CCD camera, and Fig. 4B shows four re-
presentative time-lapse frames of the scattered light distribution of the
same dynamic event imaged by the LLE-CUP system. Although the
time-integrated image merely presents a small intensity variation in
Fig. 4. Single-shot real-time imaging of light-scattering dynamics under different refractive index combinations. (A) Time-integrated image of a laser beam propagat-
ing faster in the source tunnel (ns = 1.0) than scattered light does in the display panels (nd = 1. 4). (B) Representative snapshots of the same dynamic scene as in (A), acquired
by LLE-CUP. A photonic Mach cone is observed. (C) Same as (A), but showing a laser beam propagating slower in the source tunnel (ns = 1.8) than scattered light does in the
display panels (nd = 1.4). (D) Representative snapshots of the same dynamic scene as in (C), acquired by LLE-CUP. In (D), no photonic Mach cone is observed. The temporal
processes of both transient events (B and D) are shown in movies S4 and S5. (E) Spectra of the incident laser pulse and the photonic Mach cone. (F) Normalized average
intensity of the photonic Mach cone at incident laser pulse energies from 1 to 9 mJ, with steps of 1 mJ. Three photonic Mach cones were imaged at each pulse energy level.
Scale bar, 10 mm. Error bars represent SE.
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scattering light distribution across both the source tunnel and display
panels, the time-lapse frames reveal a propagating photonic Mach
cone. The central x-y cross section of the photonic Mach cone is
displayed by the scattering plate assembly. The cone edge is seen as
two light tails extending from the tip of the propagating laser pulse in
the source tunnel, forming a V-shaped wedge. The semivertex angle,
directly measured in these temporal frames, is ~45°, which agrees with
the theoretical value (Eq. 1). As a subluminal control experiment, we
used liquid oil with a high refractive index (ns = 1.8) as the medium
for the source tunnel. The time-integrated image is shown in Fig. 4C.
Because this source tunnel medium has a higher refractive index than
the display panel medium, withMp = 0.8, no photonic Mach cone was
produced, as shown in Fig. 4D. It is worth noting that the video-
recorded light pattern shows an asymmetric spatial intensity dis-
tribution, which is probably attributable to unequal couplings of the
nonuniform scattering in the source tunnel to the upper and lower
display panels. We also noticed that the primary laser pulse in the re-
corded videos was wider than the theoretical prediction, mainly be-
cause our LLE-CUP camera has a limited temporal resolution.

We further investigated the photonic Mach cone by measuring its
spectrum at three locations in the scattering plate assembly (Fig. 4E).
These spectra are identical to that of the incident laser pulse, indicat-
ing that elastic scattering dominates the light-scattering process. In ad-
dition, we imaged photonic Mach cones when the incident laser pulse
energy was varied from 1 to 9 mJ, with steps of 1 mJ. For each pulse
energy, we calculated the average cone intensity in the reconstructed
image. The reconstructed intensity shows a clear linear relation with
the laser pulse energy (Fig. 4F). This intensity-linear characteristic is
based on two facts. First, the random distribution of the scatterers
causes the scattering waves to have random phases to a given obser-
vation point, resulting in a speckle pattern. Second, multiple speckle
grains are averaged within each resolution pixel of the LLE-CUP sys-
tem in our current macroscopic observation setting. Our results show
excellent agreement with the theoretical model of ensemble-averaged
addition of intensity in the “Modeling light-scattering dynamics in a
thin scattering plate assembly” section.
DISCUSSION
We have demonstrated ultrafast video recording of light-scattering dy-
namics using LLE-CUP and visualized the propagation of a scattering-
induced photonic Mach cone as an instantaneous light-scattering
pattern with a single camera exposure. The spectrum-compliant and
intensity-linear features of the photonic Mach cone are consistent with
the scattering theory simulated by the time-resolved Monte Carlo
method. Single-shot real-time video recording of light-scattering dy-
namics contributes to the next generation of imaging modalities.
For example, by leveraging the time-of-flight light signal, the technol-
ogy can resolve depth information without any motion blurring (55).
Coupling the current system with a femtosecond streak camera (66)
may achieve an axial resolution comparable to that of optical
coherence tomography (67), allowing single-shot full-field imaging
of 3D microstructures in biological systems in vivo.
MATERIALS AND METHODS
LLE-CUP operation principle
As a computational imaging approach, LLE-CUP involves physical
data acquisition and computational image reconstruction. In data ac-
Liang et al. Sci. Adv. 2017;3 : e1601814 20 January 2017
quisition, the scene was imaged in three views (fig. S3). One view was
directly recorded as the time-unsheared view by an external CCD
camera, and the measured optical energy distribution was denoted
as E(0). For two time-sheared views, the image was first spatially en-
coded by a pair of complementary pseudorandom binary patterns,
temporally sheared along the vertical spatial axis using a streak cam-
era, and finally imaged to the internal CCD camera of the streak cam-
era as optical energy distributions E(1) and E(2). Mathematically, the
three views can be related to the intensity distribution of the dynamic
scene I(x, y, t) as follows

Eð0Þ ¼ TF0Iðx; y; tÞ
Eð1Þ ¼ TSD1F1C1Iðx; y; tÞ
Eð2Þ ¼ TSD2F2C2Iðx; y; tÞ

ð5Þ

where the linear operator T represents spatiotemporal integration, Fj (j =
0, 1, 2) represents spatial low-pass filtering due to optics, S represents
temporal shearing, Di (i = 1, 2) represents image distortion primarily
due to the encoding arm, and Ci (i = 1, 2) represents complementary
spatial encoding with C1 + C2 = 1. The lossless complementary spatial
encoding preserved more details in the dynamic scene than the lossy
encoding in our first-generation CUP (54). Equation 5 can be concate-
nated as

E ¼ OI ð6Þ

where E = [E(0), aE(1), aE(2)]T and O = [TF0, aTSD1F1C1, aTSD2F2C2]
T.

The scalar factor a is related to the energy calibration of the streak
camera against the external CCD camera. Given the known operator
O and the spatiotemporal sparsity of the dynamic scene, a compressed
sensing reconstruction algorithm built upon the TwIST algorithm (60)
recovers I(x, y, t) by solving the inverse problem of Eq. 6.

LLE-CUP provided three views to recover more details of the dynam-
ic scene. The time-unsheared view recorded only spatial information,
without either spatial encoding or temporal shearing. The projection
angle, represented by the direction of temporal integration, was
parallel to the t axis (fig. S4A). In comparison, the two time-sheared
views recorded spatiotemporal information by both spatial encoding
and temporal shearing before spatiotemporal integration along the x′,
y′, and t′ axes, as illustrated in fig. S4 (B to E). Here, t′ = t + tsc, where
tsc is the transit time in the streak camera. In the y′-t′ coordinates
(fig. S4, B and D), the temporal integration is obviously along the t′ axis.
Equivalently, in the y-t coordinates (fig. S4, C and E), the integration is
along the tilted direction, as shown. Thus, the two time-sheared views
recorded the dynamic scene with another projection view. In each time-
sheared view, lossy spatial encoding blocked part of the scene, reducing
information transmission (54). Because lossless encoding is desirable in
compressed sensing, we combined two lossy time-sheared views with
complementary spatial encodings to synthesize an equivalent lossless
single time-sheared view. Overall, LLE-CUP combined three views
(fig. S4F) to provide two distinct lossless projection views of the dynam-
ic scene, improving information transmission.

To test the lossless-encoding implementation, we imaged the dy-
namic scene shown in fig. S5A. A collimated laser pulse (wavelength,
532 nm; pulse duration, 7 ps) was shined on a car-model target at an
oblique angle of ~30° with respect to the normal of the target surface,
giving rise to a light wavefront sweeping across the target at a super-
luminal speed. The imaging system faced the pattern surface and
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collected the scattered photons from the scene. The dynamic scene
was imaged by LLE-CUP at 100 billion frames per second. We recon-
structed the datacube of the dynamic scene using both first-generation
(lossy-encoding) CUP and LLE-CUP reconstruction algorithms (fig. S5,
B and C, and movie S6). For presentation, we summed over the da-
tacube voxels along the t axis, and the resultant images are shown in
fig. S5C. The LLE-CUP provided far superior image quality to the
first-generation CUP.

LLE-CUP system details
In the LLE-CUP system, the dynamic scene was first imaged by a
camera lens (CF75HA-1, Fujinon) with a focal length of 75 mm.
Following the intermediate imaging plane, a beam splitter (BS013,
Thorlabs) reflected half of the light to an external CCD camera
(GS3-U3-28S4M-C, Point Grey). The other half of the light passed
through the beam splitter and was imaged to a DMD (DLP LightCrafter
3000, Texas Instruments) through a 4f system consisting of a tube lens
(AC508-100-A, Thorlabs) and a stereoscope objective (MV PLAPO
2XC, Olympus; numerical aperture, 0.50). The spatially encoded images
were projected to the entrance port of a streak camera (C7700, Hama-
matsu) through two 4f systems containing the same stereoscope ob-
jective, tube lenses (AC254-75-A, Thorlabs), planar mirrors, and the
right-angle prism mirror. The shearing velocity of the streak camera
was set to v = 1.32 mm/ns. The spatially encoded, temporally sheared
images were acquired by an internal CCD camera (ORCA-R2, Hama-
matsu) with a sensor size of 672 × 512 binned pixels (2 × 2 binning;
binned pixel size d = 12.9 mm). The reconstructed frame rate, r, was
determined by r = v/d to be 100 billion frames per second.

In practice, the reconstructed datacube size, Nx × Ny × Nt, was
limited by the size of the internal CCD camera, NR × NC, where NR

and NC are the number of rows and columns. In LLE-CUP, to simul-
taneously acquire the two complementarily encoded views, the inter-
nal CCD camera in the streak camera was split horizontally into two
equal regions. As a result, the number of reconstructed voxels along
the horizontal axis must have a dimension satisfying Nx ≤ NC/2. In
addition, considering that the temporal shearing occurs along the ver-
tical axis, the number of reconstructed voxels on the vertical and time
axes must meet the requirement of Ny + Nt − 1 ≤ NR. With a fully
opened entrance port (17 mm × 5 mm in the horizontal and vertical
axes), each temporal frame has an approximate size of Nx × Ny = 330 ×
200, which provides an approximate sequence depth of Nt = 300.
Thus, the reconstructed datacube size in LLE-CUP is Nx × Ny × Nt =
330 × 200 × 300.
SUPPLEMENTARY MATERIALS
Supplementary material for this article is available at http://advances.sciencemag.org/cgi/
content/full/3/1/e1601814/DC1
section S1. Simulation of a photonic Mach cone
section S2. Forward model of LLE-CUP
section S3. Image reconstruction of LLE-CUP
section S4. Sample preparation
fig. S1. Cartesian coordinates used for analyzing the light-scattering dynamics.
fig. S2. Numerical simulation of light-scattering dynamics in a thin scattering sheet.
fig. S3. Schematic of the LLE-CUP data acquisition.
fig. S4. Illustration of multiview projections in LLE-CUP’s data acquisition.
fig. S5. Characterization of image reconstruction in LLE-CUP.
fig. S6. Preparation of the thin scattering plate assembly containing a source tunnel flanked by
two display panels.
movie S1. Simulated instantaneous light-scattering pattern in a thin scattering sheet under
superluminal conditions (Mp = 1.4).
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movie S2. Simulated instantaneous light-scattering pattern in a thin scattering sheet under
subluminal conditions (Mp = 0.8).
movie S3. Animated illustration of the LLE-CUP system.
movie S4. Experimentally imaged laser pulse propagation under superluminal conditions (Mp =
1.4) through a thin scattering plate assembly that contains air (refractive index ns = 1.0) as the
source tunnel medium and silicone rubber (refractive index nd = 1.4) mixed with scattering
aluminum oxide powder as the medium of the display panels.
movie S5. Experimentally imaged laser pulse propagation under subluminal conditions (Mp =
0.8) through a thin scattering plate assembly that contains liquid oil with a high refractive
index (refractive index ns = 1.8) as the source tunnel medium and silicone rubber (refractive
index nd = 1.4) mixed with scattering aluminum oxide powder as the medium of the display
panels.
movie S6. Comparative image reconstructions of a superluminal light wavefront sweeping
across a car-model target using first-generation CUP and LLE-CUP.
References (68–70)
REFERENCES AND NOTES
1. J. L. Prince, J. M. Links, in Medical Imaging Signals and Systems (Pearson Prentice Hall,

2006), chap. 5, pp. 328–332.
2. J. Bercoff, M. Tanter, M. Fink, Supersonic shear imaging: A new technique for soft tissue

elasticity mapping. IEEE Trans. Ultrason. Ferroelectr. Freq. Control 51, 396–409 (2004).
3. A. Joisel, J. Mallorqui, A. Broquetas, J. M. Geffrin, N. Joachimowicz, M. V. Iossera, L. Jofre,

J.-C. Bolomey, Microwave imaging techniques for biomedical applications, in
Proceedings of the 16th IEEE Instrumentation and Measurement Technology Conference
(IMTC’99), Venice, 24 to 26 May 1999.

4. J. M. F. Moura, Y. Jin, Detection by time reversal: Single antenna. IEEE Trans. Signal Process.
55, 187–201 (2007).

5. A. Wax, V. Backman, Biomedical Applications of Light Scattering (McGraw-Hill Professional, 2009).
6. D. Huang, E. A. Swanson, C. P. Lin, J. S. Schuman, W. G. Stinson, W. Chang, M. R. Hee,

T. Flotte, K. Gregory, C. A. Puliafito, J. G. Fujimoto, Optical coherence tomography. Science
254, 1178–1181 (1991).

7. A. N. Obeid, N. J. Barnett, G. Dougherty, G. Ward, A critical review of laser Doppler
flowmetry. J. Med. Eng. Technol. 14, 178–181 (1990).

8. T. Durduran, R. Choe, W. B. Baker, A. G. Yodh, Diffuse optics for tissue monitoring and
tomography. Rep. Prog. Phys. 73, 076701 (2010).

9. A. P. Mosk, A. Lagendijk, G. Lerosey, M. Fink, Controlling waves in space and time for
imaging and focusing in complex media. Nat. Photonics 6, 283–292 (2012).

10. D. J. McCabe, A. Tajalli, D. R. Austin, P. Bondareff, I. A. Walmsley, S. Gigan, B. Chatel,
C. Beatrice, Spatio-temporal focusing of an ultrafast pulse through a multiply scattering
medium. Nat. Commun. 2, 447 (2011).

11. B. J. Berne, R. Pecora, Dynamic Light Scattering: With Applications to Chemistry, Biology,
and Physics (Courier Corporation, 1976).

12. I. Bargigia, A. Tosi, A. B. Shehata, A. D. Frera, A. Farina, A. Bassi, P. Taroni, A. D. Mora,
F. Zappa, R. Cubeddu, A. Pifferi, Time-resolved diffuse optical spectroscopy up to 1700
nm by means of a time-gated InGaAs/InP single-photon avalanche diode. Appl. Spectrosc.
66, 944–950 (2012).

13. J. J. McManus, A. Lomakin, O. Ogun, A. Pande, M. Basan, J. Pande, G. B. Benedek, Altered
phase diagram due to a single point mutation in human gD-crystallin. Proc. Natl. Acad.
Sci. U.S.A. 104, 16856–16861 (2007).

14. J. D. Gunton, A. Shiryayev, D. L. Pagan, Protein Condensation: Kinetic Pathways to
Crystallization and Disease (Cambridge Univ. Press, 2007).

15. L. Wang, S. L. Jacques, L. Zheng, MCML—Monte Carlo modeling of light transport in
multi-layered tissues. Comput. Methods Programs Biomed. 47, 131–146 (1995).

16. R. Drezek, A. Dunn, R. Richards-Kortum, Light scattering from cells: Finite-difference time-
domain simulations and goniometric measurements. Appl. Opt. 38, 3651–3661 (1999).

17. M. Schweiger, S. R. Arridge, M. Hiraoka, D. T. Delpy, The finite element method for the
propagation of light in scattering media: Boundary and source conditions. Med. Phys. 22,
1779–1792 (1995).

18. S. T. Flock, M. S. Patterson, B. C. Wilson, D. R. Wyman, Monte Carlo modeling of light
propagation in highly scattering tissues—I: Model predictions and comparison with
diffusion theory. IEEE Trans. Biomed. Eng. 36, 1162–1168 (1989).

19. C. Zhu, Q. Liu, Review of Monte Carlo modeling of light transport in tissues. J. Biomed.
Opt. 18, 050902 (2013).

20. L. V. Wang, H. I. Wu, in Biomedical Optics: Principles and Imaging (Wiley, 2012), chap. 5,
pp. 83–118.

21. X. Wang, L. V. Wang, C.-W. Sun, C.-C. Yang, Polarized light propagation through scattering
media: Time-resolved Monte Carlo simulations and experiments. J. Biomed. Opt. 8,
608–617 (2003).

22. V. V. Tuchin, in Tissue Optics: Light Scattering Methods and Instruments for Medical
Diagnosis (SPIE Press, 2015), chap. 7, pp. 303–304.
6 of 7

http://advances.sciencemag.org/cgi/content/full/3/1/e1601814/DC1
http://advances.sciencemag.org/cgi/content/full/3/1/e1601814/DC1


SC I ENCE ADVANCES | R E S EARCH ART I C L E
23. S. L. Jacques, in Optical-Thermal Response of Laser-Irradiated Tissue (Springer, 2010), chap.
5, pp. 109–144.

24. I. Yaroslavsky, A. Yaroslavsky, V. V. Tuchin, H.-J. Schwarzmaier, Effect of the scattering
delay on time-dependent photon migration in turbid media. Appl. Opt. 36, 6529–6538
(1997).

25. M. E. Zevallos, L. S. K. Gayen, M. Alrubaiee, R. R. Alfano, Time-gated backscattered ballistic
light imaging of objects in turbid water. Appl. Phys. Lett. 86, 011115 (2005).

26. G. Gariepy, N. Krstajić, R. Henderson, C. Li, R. R. Thomson, G. S. Buller, B. Heshmat,
R. Raskar, J. Leach, D. Faccio, Single-photon sensitive light-in-flight imaging. Nat.
Commun. 6, 6021 (2015).

27. Y. Kondo, K. Takubo, H. Tominaga, R. Hirose, N. Tokuoka, Y. Kawaguchi, Y. Takaie, A. Ozaki,
S. Nakaya, F. Yano, T. Daigen, Development of “HyperVision HPV-X” high-speed video
camera. Shimadzu Rev. 69, 285–291 (2012).

28. M. El-Desouki, M. Jamal Deen, Q. Fang, L. Liu, F. Tse, D. Armstrong, CMOS image sensors
for high speed applications. Sensors 9, 430–444 (2009).

29. C. Dunsby, P. M. W. French, Techniques for depth-resolved imaging through turbid media
including coherence-gated imaging. J. Phys. D Appl. Phys. 36, R207 (2003).

30. B. B. Das, K. M. Yoo, R. R. Alfano, Ultrafast time-gated imaging in thick tissues: A step
toward optical mammography. Opt. Lett. 18, 1092–1094 (1993).

31. L. Wang, P. P. Ho, C. Liu, G. Zhang, R. R. Alfano, Ballistic 2-D imaging through scattering
walls using an ultrafast optical Kerr gate. Science 253, 769–771 (1991).

32. N. Abramson, Light-in-flight recording: High-speed holographic motion pictures of
ultrafast phenomena. Appl. Opt. 22, 215–232 (1983).

33. R. R. Alfano N. H. Schiller, The streak camera. Laser Focus 18, 43–45 (1982).
34. N. H. Schiller, Y. Tsuchiya, E. Inuzuka, Y. Suzuku, K. Kinoshita, K. Kamiya, H. Iida, R. R. Alfano,

An ultrafast streak camera system: Temporaldisperser and analyzer. Opt. Spectra
14, 55–62 (1980).

35. Guide to Streak Cameras, www.hamamatsu.com/resources/pdf/sys/SHSS0006E_STREAK.
pdf [accessed 6 July 2016].

36. K. M. Yoo, Y. Takiguchi, R. R. Alfano, Dynamic effect of weak localization on the light scattering
from random media using ultrafast laser technology. Appl. Opt. 28, 2343–2349 (1989).

37. P. P. Ho, P. L. Baldeck, K. S. Wong, K. M. Yoo, D. R. Lee, R. R. Alfano, Time dynamics of
photon migration in semiopaque random media. Appl. Opt. 28, 2304–2310 (1989).

38. K. M. Yoo, R. R. Alfano, Time-resolved coherent and incoherent components of forward
light scattering in random media. Opt. Lett. 15, 320–322 (1990).

39. K. M. Yoo, F. Liu, R. R. Alfano, When does the diffusion approximation fail to describe
photon transport in random media? Phys. Rev. Lett. 64, 2647 (1990).

40. F. Liu, K. M. Yoo, R. R. Alfano, Ultrafast laser-pulse transmission and imaging through
biological tissues. Appl. Opt. 32, 554–558 (1993).

41. J. C. Hebden, D. T. Delpy, Enhanced time-resolved imaging with a diffusion model of
photon transport. Opt. Lett. 19, 311–313 (1994).

42. E. B. de Haller, Time-resolved transillumination and optical tomography. J. Biomed. Opt. 1,
7–17 (1996).

43. K. M. Yoo, B. Das, R. R. Alfano, Imaging of a translucent object hidden in a highly
scattering medium from the early portion of the diffuse component of a transmitted
ultrafast laser pulse. Opt. Lett. 17, 958–960 (1992).

44. J. C. Hebden, R. A. Kruger, K. S. Wong, Time resolved imaging through a highly scattering
medium. Appl. Opt. 30, 788–794 (1991).

45. A. Velten, T. Willwacher, O. Gupta, A. Veeraraghavan, M. G. Bawendi, R. Raskar, Recovering
three-dimensional shape around a corner using ultrafast time-of-flight imaging. Nat.
Commun. 3, 745 (2012).

46. W. Yu, F. Pellegrino, M. Grant, R. R. Alfano, Subnanosecond fluorescence quenching of
dye molecules in solution. J. Chem. Phys. 67, 1766–1773 (1977).

47. B. B. Das, L. Feng, R. R. Alfano, Time-resolved fluorescence and photon migration studies
in biomedical and model random media. Rep. Prog. Phys. 60, 227 (1997).

48. J. Wu, L. Perelman, R. R. Dasari, M. S. Feld, Fluorescence tomographic imaging in turbid
media using early-arriving photons and Laplace transforms. Proc. Natl. Acad. Sci. U.S.A. 94,
8783–8788 (1997).

49. G. Satat, B. Heshmat, C. Barsi, D. Raviv, O. Chen, M. G. Bawendi, R. Raskar, Locating and
classifying fluorescent tags behind turbid layers using time-resolved inversion. Nat.
Commun. 6, 6796 (2015).

50. D. H. Auston, M. C. Nuss, Electrooptical generation and detection of femtosecond
electrical transients. IEEE J. Quantum Electron. 24, 184–197 (1988).

51. P. A. Čerenkov, Visible radiation produced by electrons moving in a medium with
velocities exceeding that of light. Phys. Rev. 52, 378–379 (1937).

52. R. M. Koehl, S. Adachi, K. A. Nelson, Direct visualization of collective wavepacket
dynamics. J. Phys. Chem. A 103, 10260–10267 (1999).
Liang et al. Sci. Adv. 2017;3 : e1601814 20 January 2017
53. Z. Wang, F. Su, F. A. Hegmann, Ultrafast imaging of terahertz Cherenkov waves and
transition-like radiation in LiNbO3. Opt. Express 23, 8073–8086 (2015).

54. L. Gao, J. Liang, C. Li, L. V. Wang, Single-shot compressed ultrafast photography at one
hundred billion frames per second. Nature 516, 74–77 (2014).

55. J. Liang, L. Gao, P. Hai, C. Li, L. V. Wang, Encrypted three-dimensional dynamic imaging
using snapshot time-of-flight compressed ultrafast photography. Sci. Rep. 5, 15504
(2015).

56. L. Zhu, Y. Chen, J. Liang, Q. Xu, L. Gao, C. Ma, L. V. Wang, Space- and intensity-constrained
reconstruction for compressed ultrafast photography. Optica 3, 694–697 (2016).

57. A. Ishimaru,Wave Propagation and Scattering in Random Media, vol. 1 (Academic Press, 1978).
58. G. S. Smith, in An Introduction to Classical Electromagnetic Radiation (Cambridge Univ.

Press, 1997), chap. 6, pp. 411–435.
59. Y. C. Eldar, G. Kutyniok, Compressed Sensing: Theory and Applications (Cambridge Univ.

Press, 2012).
60. J. M. Bioucas-Dias, M. A. T. Figueiredo, A new TwIST: Two-step iterative shrinkage/

thresholding algorithms for image restoration. IEEE Trans. Image Process. 16, 2992–3004
(2007).

61. Z. Li, R. Zgadzaj, X. Wang, Y.-Y. Chang, M. C. Downer, Single-shot tomographic movies of
evolving light-velocity objects. Nat. Commun. 5, 3085 (2014).

62. K. Nakagawa, A. Iwasaki, Y. Oishi, R. Horisaki, A. Tsukamoto, A. Nakamura, K. Hirosawa,
H. Liao, T. Ushida, K. Goda, F. Kannari, I. Sakuma, Sequentially timed all-optical mapping
photography (STAMP). Nat. Photonics 8, 695–700 (2014).

63. K. Goda, K. Tsia, B. Jalali, Serial time-encoded amplified imaging for real-time observation
of fast dynamic phenomena. Nature 458, 1145–1149 (2009).

64. B. Heshmat, G. Satat, C. Barsi, R. Raskar, Single-shot ultrafast imaging using parallax-free
alignment with a tilted lenslet array, paper presented at the CLEO, San Jose, 8 June 2014.

65. H. Shiraga, M. Nakasuji, M. Heya, N. Miyanaga, Two-dimensional sampling-image x-ray
streak camera for ultrafast imaging of inertial confinement fusion plasmas. Rev. Sci.
Instrum. 70, 620–623 (1999).

66. FESCA-200 Femtosecond Streak Camera, www.hamamatsu.com/resources/pdf/sys/
SHSS0003E_C6138.pdf [accessed 6 July 2016].

67. J. G. Fujimoto, C. Pitris, S. A. Boppart, M. E. Brezinski, Optical coherence tomography: An
emerging technology for biomedical imaging and optical biopsy. Neoplasia 2, 9–25 (2000).

68. R. Hartley, in Computer Vision—ECCV ’94, J.-O. Eklundh, Ed., vol. 800 (Springer, 1994),
chap. 52, pp. 471–478.

69. Z. Zhang, Flexible camera calibration by viewing a plane from unknown orientations, in
Proceedings of the 7th IEEE International Conference on Computer Vision, Kerkyra, 20 to 27
September 1999.

70. M. Brown, D. G. Lowe, Recognising panoramas, in Proceedings 9th IEEE International
Conference on Computer Vision, Nice, 13 to 16 October 2003.

Acknowledgments: We thank J. Ballard for a careful reading of the manuscript. Funding: This
work was supported in part by NIH grants DP1 EB016986 (NIH Director’s Pioneer Award)
and R01 CA186567 (NIH Director’s Transformative Research Award). Author contributions: J.L.
designed and built the system. C.M. developed the analytical model of the photonic Mach
cone. C.M. and L.Z. conducted the time-resolved Monte Carlo simulation. J.L. and C.M.
performed the experiments and discussed the theory. J.L., L.Z., Y.C., and L.G. developed the
LLE-CUP’s image reconstruction algorithm. J.L. and L.G. discussed the system design. J.L.,
C.M., and L.Z. analyzed the experimental data and drafted the manuscript. L.V.W. proposed the
concept and provided supervision. All authors revised the manuscript. Competing interests:
J.L., L.V.W., and L.G. had a pending patent application at publication for CUP technology,
WO2016085571 A3 and L.V.W., J.L., C.M., and L.Z. had a provisional patent application entitled
“Multi-view Compressed Ultrafast Photography,” US Provisional 62/298,552, both through
Washington University, St. Louis, MO. The other authors declare that they have no competing
interests. Data and materials availability: All data needed to evaluate the conclusions in the
paper are present in the paper and/or the Supplementary Materials. Additional data related to this
paper may be requested from the authors.
Submitted 4 August 2016
Accepted 15 December 2016
Published 20 January 2017
10.1126/sciadv.1601814

Citation: J. Liang, C. Ma, L. Zhu, Y. Chen, L. Gao, L. V. Wang, Single-shot real-time video
recording of a photonic Mach cone induced by a scattered light pulse. Sci. Adv. 3,
e1601814 (2017).
7 of 7

www.hamamatsu.com/resources/pdf/sys/SHSS0006E_STREAK.pdf
www.hamamatsu.com/resources/pdf/sys/SHSS0006E_STREAK.pdf
www.hamamatsu.com/resources/pdf/sys/SHSS0003E_C6138.pdf
www.hamamatsu.com/resources/pdf/sys/SHSS0003E_C6138.pdf

